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2010 ^Ulayt t hxA t CjUialjjii aJLa fyJsj* 

O-Slj^ 6JI 

:1 6— 

. (M3 (r) , x) u* jSi«t4 9. E u' 

' E 6^ N j M 6%^ 

. N = M(y) j M = m(x) yj x u^l 

M(x)xM(y) = 

'1 1 0' '1 0 0^ 

X 1 0 y 1 0 

.x2 2x K .y2 2y K 

' 1 0 0' 

x + y 1 0 

.(x+y)2 2(x + y) K 

M(x+ y) 

Ujj] 

. (M ,(r) , x) (J fij* E 

MxNeE : E 6^N jM u^l 

. (E,x) jaJ (R,+) £)A ^LLSJ (JSLUJ (p (2)5 .5.2 

: >4;^. R 6^ y j x 6%^. 

x+y) = M(x + y)= M(x)x M(y) = cp(x)x cp(y) 

.cp(x+y)=cp(x)xcp(y) : ^ R 6^ y jx ^6^1 

. (E,x) (R,+) £ja JSLujj (p ; <14j 

.M M = M(x) x jjc jajj E (> M y^& . 

. E jal R 6^ (p ^ J 

ILji t R (> y J x 6%^. 

x) = cp(y) => M(x) = M(y) 

x = y 

x2 = y2 

2x = 2y 

=> x = y 

. x = y llj^ cp(x)=cp(y) R 6^ y j x lP) 

. E jalR ^yll-U (p <1* J 

. (E,x) jal (R,+) Cy JSLiu (p oli <lc-j 

: AJjLjS^J (E,x) ui m'.Lj.2 

aJjLj Sj^J (e,x) a4 (E,x) jal (r,+) (> (Jsiuu cp 61 <4jL4 »>aj(R,+) 6' ^ 

: R 6^ x M (x) jjaJ.^.2 

. (- x) jA (R,+) ^ x x 6%^ 
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. (p{- x) > (E,x) (p{\) 6^ (E,x) jaj (R.+) (2>>4 (_#LLsj (JSLuj tp (2)1 

. M(— x) jA M(x) Aiji^aAil LjjUa 

;A5=AxAxAxAxA j B = M(l2) j A = M(2) A5.X = B E ^ (Jaj.J.2 

. E 6^ I X 6%^ 

. R (> ^-ajc x X = M(x) 6 J) 

. (R,+) ja-j (E,x) 6* jSluu (p'1 (jli (e,x) ja-j (R,+) 6^ J21"2 ^ 6' ^ 

: (jj). cp'1 (m(x)) = x : R a4 x 

: j 

S = {M(2)} t#A AjjUAil Jjk A£- ja+A 

. (E,+) « ja3^ Ajj« jaJ F = ^Vl(lnx)/ xe Rl} c^.3 

. 0 uAjlaJl JJx!l jA (r,+) ^ JjlAAil . 

. M(o) Aiji«aA]| j\ cp(o) jA (E,x) u* (E,x) ja-j (R,+) £>a (_#LLSj (JSLuJ (p (2)' 

. At jii jjc F u^l M(o)G F u^l R* a4 i M(O)= M(liil) 

. F ^ b ^ a 6%^. 

• ]0;+oo[ ^ 6'^^ y jx b = M(l ny) j a = M(lnx) :c^ 

b-1 = m(— I ny) j* b t-jjjLi 

axb 1 = M(l nx)x M(— I ny )=M(l nx -1 ny )= M 

. F (>> M 

x x 

In— 
v 

/ X 

In— 
v yy 

X 

Ujj] 

6^ ]0;+oo[ (> — ul Aj^j 
y 

(2)is J 

. (E,+) « J4 jii Aj ja. I ja J F 

:2 6— 

: z2—4iz—2+2iV3 = 0 AjUaU a = lHl-i| 2-J3] I JJxil (2)1 J^n.i.l 

... i*4 lAj*^ 

: (e) AjUaIJ b gr"i'"i' n'.^j. l 

b = 4i - a : 6 j) . a + b = 4i : jA ^ 

.b = -l+i( k2 + V3) JA^I JaJ) 

: a2 =4(2-73' 
. TT e e 

j'e (jjjjJ.l 

a2 = {l+i(2-Sf = -6+4V3 + 4i-2iV3= 4^2-V^lb'6 : 
<i4j 

65
 10 II JA
 

'?-S] 

: a LUIAA ■■'V/.2 
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. 4(2- V3)e 6 jh- a : dPl a2 = 4(2- V3)b 6 

1 j ■■• 1 jr- 
i = -2v2-V3e12 j) a = 2V2- V3e12 : a: 

. K 

. a = 2^2 — V3e12 6^ a oV^1 u' 

: js>» JaJ ^.i.3 

cd = a+^ > (r) SjjW) js>> jaJ ujj. (r) SjjW) ^ jiaa [ab] 
2 

<Q4J 

.CD — 2i jSj^ 

: (r) 6^ C j O 6' Ltt.V.3 

R = 
b-a 2-2iV3| 

2 2 

.CG(r) 6^ fiC = |c-2i| = 

= 2 (r) SjjWi 

2e = 26'^ 

.Oe(r) 6^ QO = |cb| = |2i| = 2 

: cic ~ a ^JSX!) JJX!| dyjj.^.S 
c — b 

c AjjIjil jwli ABC C)la B J A (lyjlalljl uillAjj [ab] UjUaii SjjUI C 6' ^ 

. (iJ3C JJ*J SJ^C jA |BCBA| 

. uij^a w^"   JJxil 
c-b 

:3 

: X ^ 

, ^Lusjj SjS Jjl j^iaj LdJL^ ■ 'j Si^lj CJIjSJ) Luljjjc- ■ ■■' 

. 3 j 2 ' 1 : t#A X ^ sliljSil jjc X 6%^ 

: p(x = l) jUi^l v 

: ig^M^ LS* '6J* LS^ J>-aaJl > (x = l) 

|1(x=i)=^%i)=^4 
cardO 4 ^ A;2 6 

: p(x = 2) = — 616^.5;. 
v 33 

«>4i) SjSj S^aJI ^ SjS ^ (X)*a*l) jA (x = 2) 

P(x :) card(x=2) AiAi« 5 

cardQ 12 33 

: (x = 3) jui^l Uiuiaj. J.l 

s>4ii ^ ftuajj sJSJ ^jSfi 9^ 9.1 9jS j^jic JA (x = 3) 

(x 3y card(x = 3) A^Al, 2x10 1 
W ' cardn a;2 12x11x10 66 
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f x) = 

f(l) = 0 

: E(x)=— ul u^.i.2 
v 7 11 

: j* X 

Xj 1 2 3 

p(x = Xj) 5 5 1 

6 33 66 

E(x) = 1.- + 2.— + 3.— : > X : cP) 
w 6 33 66 

E(x) = J | : jA X 

: V(X) i*4 E (X2) JJaj.v.2 

E(X2) = I2. — + 22. — + 32. — = — 
x 7 6 33 66 33 

y(x)=e(x2)- (e(x))2 ui ^ 

65 62! 
52 fl3V 

v(x)=—— 
v ' 33 111 363 

: j 

v(x)= 
65 

363 
e(x2)= 

52 

11 

x| ' I = [0,l] (Jz f 

:1 

limf(x)= lim—- 
x-j,!" s X-S.O+ 1-1] InX 

: X = I - \ 

f(x)-f(l) 1 
lim  — = 11 ni / w 7 xv 

\- 1 (x-l)(l-lii(l-x)) 

= lim 

x->I" 

x^». -x(l-lnX) 

= lim '  
x^o+-X + XlnX 

lim = 0 6^ lim In X = -oo 6'Wj 
1-lnX X^0+ 

lim f (x) = f (o) : 
x—^1 

, 1 ^2 u^- 4 ^1 ^ " f 'Llaj 

Ujj] 

(X = 1 - x) 

M (> X 6^ 0+ ij\ Jjjj X ui Ujj 
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fix 

lim - X + X In X = 0" :j\ 
X->0+ -X + XlnX^O 

;_f(x)-f(l)_ 

x — 1 
lim 
x— 

= —oo : 

. 1 ^ jU-Jl ijk- Jl3lii!5U Ajjli jjC f 

: I ^ f o-j^.S 

: ILji [o,l[ 6-x j [0,l[^ f 

-(l-l^l-x))' -1 
^0 

(l—ln(l—x))2 (l-xXl-ln(l-x))2 

• Ulai f <1aj 

• [O, l] 4 ;' f 1 4 ^" f cj' j 

; jA f AJWl Cj)jjsu JjJa 

X 0 1 

t"(x) + 

f 
1 

0 

. e — 1 Sjj^j LiUaxj) AJalj f 6^ -'.4 

f "(x) = 

- (I -1 |<I - x))1 + 2(1 - x).(l -1 n(l - x)). ^ (| _ 11/| _ x)yi +11^| _ 

(l - x)2(l -li^l - x))4 (l- x)2(l -1n(l - x))4 

0-<l —ln(l —x) : <"jln(l-x)-<0 6^1-x-<l c' W 

: 1 +1n(l — x) sjUil ^ f"(x) sjL^l j 

f (x)=0 «• l + ln(l-x)= 0 

o 1 n(l - \) = -1 

1 
«• 1 - \ = 

e 

e-1 
o x =  

: 

f"(x)^0 <oln(l-x))"-l 

ol-xy- 
e 

e-1 
Ox-<  

e — 1 
jjjsuj f 4J)jU AjjIjJ) AilbLail 

, t' I I4J^ua2| Saaj uiUaxjl AJalj JjSj f - 

: f f luuj -uj.4 
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N \ 
V s \ \ 

\ \ •v \ 
v- 

k, \ \ \ \ 
• \ Nl \ \ - 

0 0 1 . 0 3 : 0 6 0 s ■ K . . . . . . : 
1 1 1 1 1 1 1 1 1 \| 1 1 1 

. f (a) = a I 6^ a ^ ctt^.S 

(x) = f(x)- x : ^ I ifk- cp aJUI jjj*j 

( Jla-4 ije- AjUjil La^J ). I (p I ■<a^'-" xi—>—x j f : cj^W) 

(jjlLeala QJUI J ^ jAa-a) I AAj^aAtp ; LL^ij 

(p(o)x cp(l)=-1 0: 

.]0,l[ ^ (JjSj cp(x)= 0 titJA4 uitiA ; (2)3) 

A^aj 

"<■■ 

http:mftww.vf»e-eoloH»o«».nH 

f(a) = a 

: I jaJ I (> Jjlli f oi u^"J.6 

1 JI^aJ) btJaS 4_A<a2ljjj Ai^la f ^ 

. [f(l); f(0)]=[0;l] JM) I 6- ^ f ^ 

: I 6^x f '(x) J'la^.tTJ.6 

.f_1(x)=y y jx 6%^ 

.f(l)=0 6^ y = l 6^ x = 0 

: x ^ 0 6' o^j^. 

f"1(x)=y «.f(y)=x 

1 
«• = x 

1-li^l-y) 

x — 1 
o 111 fl - > ) = 

x-1 

o y = l-e x 

Aaaj 

x-I 
f 1(x)=l-e J);i xe 

f-1(o)=i 

:2 

I„+i"!„ = jV^f(t)dt-£tnf(t>lt = £tn(t-l)f(t)dt : N 6- n 6%i. 

j't^t-l^tJclt^O 6^1 tn(t-l)f(t)<0 t-l<0 6^te[0;l]6i^ 
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. N 6^ n In+1 - In < 0 

, 4_A<a2ljj ^ | ^ 4_ill2LaJl XjJc-j 

.N c>n jsi In = jVf(t)it>0 6^1.[0 ; l] 6-1 f(t)>0^. 
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.0 AIaj 

, Ajjlila l^Jli e jjLuaoj a '' ^ ^ Uu 

:N 6^n o<i < 1 u' Ltt^.2 
n n + l 

' N 6^ n 6%^ 

. [0 ; l] 6-t f(t)< 1 

. [0 ; l] 6^ t tnf(t)<tn 6^1 

0 < J tnf(t)it < J tndt : 

.N 6-n jsi 0<In<6^ f t-dt = 
n + l «»« 

. n+l 

n + l n + l 

(| /.It AJ^J JAaJ 

1 1 
! Aja jA4 ) limln = (( cP lim = OjN 6^n 0<In< 6'^ 

n^+con + l n + l 

-i 
:3 

: .1 t>-xjN F(.\ l-s.( x)=. 0 1-t 

: l4i^. J = [0;l[ 6^ x j N 6^ n 6%^ 

i+)-M'0=£^»-2>1.W 

ro 

Jo 1-t 

= flWdt 
Jo 1-t 

= r f(t) 
Jo l_t 

_ rtn+1f(t: 
Jo 1-t 

V k=0 

fx f 11 

Jo I I" 

fl- |.n+l ^ 

[ 1 -• J 

<lt 

f(t)dt 

f(t)dt 

http:l/wwvii. vrBC-coloriagei.net 

: 4Iaj 

.j6^xjN6^nJ^ F(X] l-sj 
a-r'T'! 

ilt 

: J ^ l*Jaa Aj^aalli xi—> (l — xXl - ln(l - x)) u' Ltt+J.2 

jia-# jjiiiuiU ALiiii jijjii guLwJi i-ima. j aJjiS ; x |_^ ^ _ x^i—in(l—x)) Aii 

cp (x) = ln(l - x) : J 6^ x 

. J Js- ULa Aj^aalli cp j\ ^ (x) < 0 6^ x g [0,l[ u' 

. J (> x [0, x] ^ t u' ^^^.^.2 
i-t 

. J (> l^ajc x 6%^ 
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f(t)  1  

i-t (i-tXi-ii<i-t)) 
[0, x] 6^ t 

• [O^x] ^ [0, x] ^ Aj^aaUj (p (ji 
(p 

^■j 

: 41Aj 

J (> j^ajz x [0,x] t ^ *"(*) 4JUI 
1-t 

:J(>xjN(>nJ^ o^f(x) S (x)^ 1 1 6'6+.13 V / 11 l-xn + 2 

J l>a x jN 6^n 6%^ 

) Hp: ^fwwvu-v i ac-colorl age's ji el 

F(s) " sn (*)=£ 

. [o,x]^uww?,,^i(0 i»JcjV o<-^<-!4iM [o,x] .>1 ja 
1-t 1-t 1 — X 

Fn 1 te. n tn+1f(t) tn+1f(x) ^ . [0, x I (> t 0 < — < — 
1-t 1 — X 

o<ri^£(Odt<r^Hit: jobj 
Jo 1-t Jo 1 — x 

f(x)< 1 cV 0< r '^dl < — ft" 'dt : J 
Jo 1-t l-xJo 

tn+2 

fXtn+1dt = 
Jo n + 2 

^n+2 

n + 2 
LLilj 

.«sr^dt£_L 
J« 1-t 1- 

1 1 ^ x 
n+2 

-< —-— 6^ x g [0,l[ ui 
xn + 2 n + 2 n + 2 

: AJcj 

J6- x jN 6-n jsi 0<F(x)-S (x)< — ' 
l-xn+2 

: lim Sn (x) = F (x) : ij+J J 6^ x (Jsl 6' +.3 
n—>+gc 

' J 6^ x 6%^ 

0<F(x)-Sn(x)<^ — (> n 
xn + 2 

. lim Sn(x)= F(x) lim 
1 1 

n—H-oo 1-x n + 2 
= 0 (1)1 

. lim Sn(x)= F(x) r^J 6^x 
n—^+00 

+i OA F(x) JJa-j .U : X G J L 

' J 6^ x 6%^ 

Fw=r^t=r(1_tx1^i-i))-rlr44dt4Hi-i,<i-t)t=i,<i-i,<i-x)) 

: 

F(x)= I n(l — I n(l — x)) : UjjI J6^x 
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: lim F(x) JJa-j.v.4 

t = 1 - x lim ln(l - x) = lim Int = -oo 
x->r t-j.o+ t-j.0+ 

lim F(x) = +QO 
x—^1 

wadiiifi @h otmai 1 .com 
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