
AludVl AJJJJAJII ^jlxll :uxAll 
AJJJJAJII ^^1*11 

1±ja1\ 

CjUiiljj]) SJU 

20074aSIjAluiVI S 

ls_J|_J_|, r 1 n ; 11; 
f l.<ilJ < -■] 
^ 1—C—11 . , », ©1 

: J3JI (jjjjouJI 

5(2,4,2) J A(2,0, —1) iaAill LLjI (o,i,j,k) ^oIaa iaUla LJJUU.^1 fluafi^l ^ 

x2 + y2 + z2-4x-4y-Sz + 20 = 0 : ^ (S) j C(3,3,3) j 

2 (ijtuy l^tbui (Jl i2(2,2,4) Aiaij]l (S) JSj-a (Jl ( 1 

\/M(x, y,z) e (5) o .x:2 + y2 + z2 -4.x:-4j -8z + 20 = 0 

o (x2 -4x) + (y2 -4y) + (z2 - 8z) + 20 = 0 

0 <=> (x2 — 4.x: + 4) —4 + (j2 -4j + 4)-4 + (z2 -8z +16)-16 +20 

O (.x:-2)2 +(j-2)2 +(z-4)2 = 22 

.R=2 l^bui j a(2,2,4) ^ (S) Ailill OJ! 

.x:—j + z —1 = 0 ^ (P) (5JIuiaII AjjAJJUW (jl ( 2 

n(a,b,c) ax + by + cz + d = 0 ^ uijSj(5) Ajjbui 

5C(1,-1,1) jj) C(3,3,3) j 5(2,4,2) M 

(P) AxJala 5C(1,—1,1) (jjl (BC) (_?lc ^JJAC (P) Lua! 

x-y + z + d=0 tf^iP) aJjUa Ola Alaj 

d=—l (j\ 2-0 + (-l) +J = 0 OJl A(2,0,-l) Aiaiiil £>a ^aj(5) ^jIuiaII ILaI 

..x:—j + z —1 = 0 '• tj* (P) ^jIuiaII Ajjjl£j.a AJjUa (jj) 

.1 (jjluu (F) S(JjSj (S) Ailill ^IaL (P) ^jIuiaII — i (3 

i2(2,2,4) AJaiiil ^yk (S) Ailill JSjaj .x:—j + z —1 = 0 :iyk (P) ^jIuiaII Ajjj14jJ AJjUa ILaI 

|2-2 + 4-l| 
d(a,(P)) = R = 2 Ujjlj ■ = 4= = V3 M 

V3 7l2+(-l)2+l2 

r (F) S jjIJ (S) Ailill jlaSj (P) ^jIuiaII (jjl d(Q.,(P)) + 5 (Jl Uj 

r = ^R2-d2 =^22-yl¥ =^[4^3=1 

. (P) J J JAJlil J £2 (jA jIaII (A) ■■ Ljld IjL ^LuAJ JJaJ —U 

.AaI& Ajrtliirt A^'rt n(l, —1,1) cjjj .x:—j + z —1 = 0 '• (j& (P) ^jIuiaII A-ujISjJ AJjUa ILaI 

.(A) ^uiiuiAli A^AJA «(1,-1,1) LJ^!(5) (|JJAC (A) LUA! 

:yk «(1,—1,1) A^AAAIL AAJAII j Q (2,2,4) A lit ill ^ jlAil(A) ^11 ^JAAIJIAI JJIAJII (jjj 

x = 2 +1 

y = 2-t 

z = 4 + t 

{co] = (A)n(P) o coe (P)j coe (A) 

o(l): x-y + z-l = 0j (2) 

, (F) 9^1 All jZjAO} AjaAllI LJLUIAAJ CAJIIA AAAJ —^ 

.(5)j(A) jlalSj ^yk (F) S^JIaII JSja<» 

x = 2 +1 

y=2-t 

z = 4 + t 

(2 + t)-(2-t)(2 + t)-(2-t) + (4 + t)-l- 

t = -1 -1 ^ 
Js. J^Aj(l) ^ (2) 
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J^aaJ (2) ^ t = -1 'tajS o^J*-' 
r x = 2 + (-1) = 1 

y = 2—(—i) = 3 

z = 4 + (-l) = 3 

lusOLJI ^J>ouJI 
.^(_pbaI]L uli Jjj """'^ (jSjJJ V ) f IJJMI ull ilu Jjjl j f LuU ull JJJ di^U 

i^a uli ilu d^U (jl LuljdjC i_i: 

• 0){\,3,y) oji 

card(Q.) = Cj = 35 Uj^ 

(B,B,N^ ji" " A djJaJl (1 

P(A) = ^ d^! card{A) = ClC\=l2 M 
card [LI) 35 

(5,5,5) j' (A, A, A) (|l." Ojiil d4 ddiU (_yic " B djJaJl (2 

P(B)=Card^ = - = - jj) card(5) = C3 + =1 + 4 = 5 
card(D.) 35 7 

JaVl fluu AIjaj Jj^aaJl " CdjJaJl (3 

(fbjM AJJ)^ 1111\\\ dd^l dill Jjdl) " fluu Aijja AJI C JUixdl dii^l 

: jjj 5(C) = card(C) =4_ . 6-, carj(C) = C4 = 4 Uj^ 
card (Q.) 35 

5(C) = 1-5(C) 

= 1- — 
35 

_ 31 
_ 35 

iOJLJI {jjjjzjJI 

• N c> n M,, 
1 

(u —4n — I) j u0 = 2 : ^ Uj AjllILdl (u ) 

• N c> n vn = un +n-\ 

1 ^ ml 1 iii 4 jm AjlldLa (Vn) (ji (jjd ( 1 

V«eN: v„+1 =m„+1+(« + !)-! 

= — {Un -4n-\) + n 

1 
(u -An-l + 5n) 

= -{un+n-l) 

1 
=IV- 

ml i ii| 4-iuiillit A^lldLa (v ) (jJl 

n 4JV4j v„ j- i ( 2 

1 
vn = — ji vn =v0-q" (djv0 = M0+0-1 = 2-1 = 1 JjVl Uj^j q = — Lfuiluil A^lLk AjllILa (vn) UjJI 

v 5 y 5 

2 
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• lim un laIua aj n un -la 
X—>+oo 

\n 

-n + \ <laj .u = v -n + l jj) v =u +n-\ Uj^ 

lim un x—>+00 
: -00 cPj lim {-n +1) = -00 j lim 

A" 
:0 oil -!-<--< 1 UjJl 

5 

Sn — M0 + Mj +.  + "„ J Tn = l,0 + li +  

Tn =—1^5- — 
4 V 5" y 

r„ =V0+V1+ + Vn 

l-a"+1 

■ + Vn (3 

: 0' 

1 
\ n+l 

1- - 

= 1- 

_ 5 
_ 4 

1- 

v n+I 

5-51 - 
5y 

5-5 1 

41 5"+1 

1 1 
5- 

4 ^ 5" 

c r (n + l)(n-2) .. . . Sn =Tn    Ol 

: LJj' Un = vn -n + l UjjI 

Sn — Mq + Mj +. . + u „ 

= (vo-(-1)) + (v1-0) + (v2-1) + + (v„-(«-!)) 

= (vo + V1 + + Vn )-((-!)+ 0 + 1 + 2 + + («-!)) 

((-l) + (n-l))(n + l) 
= T 

= T 
{n + l){n-2) 

(■\[2 + 2i)~ = —2 + 4-\f2i : (Jl £y» 

(V2 + 202 =V22+2V2-2/ + (2/)2 

= 2 + 4V2i-4 

= -2 + 4V2i 
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Z2—(\/2+2)z +2 + y/2—\/2i = 0 : C AjjSxll JlJcVl 4£.>»a-a ^ JaJ (2 

jA Jaaa Ujil 

0,75 

A = (V2 + 2) -4(2 +V2- V2/) 

= 2+4y/2+4-8-4y/2+4y/2i 

= -2 + 4y/2i 

= (V2 + 2i)2 

V2 + 2 + (V2 + 2i) ^ V2 + 2-(V2 + 2/) 
 = v2 + l + 2i j z, = = I — / (1)^! 

2 1 2 

• z2 = 1 + V2 + i j z, = I - / (jjjJixii (JjjjxIi Uja](3 

. Zj JAxi] jS4i2l — I 

: 6^1 IzJ = ll-/l = V2 

= I-i = V2 
V2_V2; 

v 2"2 ^ 

= cos — + i sin — 
I 4 4y 

cos  
. . [ n 

+ isin  
I 4 

0,5 

J J 

• (z2 jA z2 ) z, .z2 = V2z2 : ji LttH - ^ 

: Uja] 

Zi • z, =(l-/)(l + V2 + /) 

= 1 + + / — i — i\[2 +1 

= 2 + V2-iV2 

= V2(V2 + 1-/) 

= V2Z2 

arg(z1) + 2arg(z2) = 0[2;r] : 

arg(Z;) + arg(z2) = arg^V2) + arg(z2)[2^"] arg(z,.z2) = arg(V2z2)[27r] : jjl zl.z2=42z2 ^ 

arg(z1) + 2arg(z2) = 0[2^] 6^ arg(V2) = 0[2^] j arg(z2) = -arg(z2)[2^] 6'Wj 

Z2 JA«i2 ilA& ^ 

arg(z2) -_"~"[2-^] L)j! arg(zl) =-y[27r] j arg(z1) + 2arg(z2) =0[2^] UjaI 
o 4 

: cJLuuud 

. g(x) = x — — — 2lnx : ^ L4j]0,+oo[ AjJJxII g ILa] (I 

0,5 

• ]0,+oo[ g Cjljjaj u^AA grn'mi ]0,+oo[ ^ x g'(x) (•^-D2 .i . • £#4 (1 
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Vxe ]0,+oo[: g'(x) = l + — -21nx 
x 

= 1 + ^-2.1 
X X 

_ x2 +1- 2x 
~ 2 

.x: 

_U-1)2 

2 X 

..x:2)"0 j (x-l)2>0 ]0,+oo[ x 

]0,+oo[ (3^1 ^ Vxe]0,+oo[: g'(x)>0 dp) 

6^!]0,l] (J^^l ijte- jjO^oof JU_4]1 (_?lc g AJWl Uj^ (2 

Vxe ]0,l] 0 -< x < 1 g(x) < g(l) 

]0,1] 6^ x (J^^(x)<0 6^ ^(1) = 0 ul 

Vxe [l,+oo[ =^> 1 < x g(l) < g(x) jj) [L+oof Jla-iil u^c- 

[l5+oo[ (> x ^(x)>0 6^^(1) = 0 ji Uj 

/(x) = x + —— (Inx)2 — 2 : ^ L4j]0,+oo[ 4ij*A2l / AjJJxII (II 

f[- 
\xj 

lim f(x) i-luaI ^ { t = Vx C^i) lim 
(Inx)2 

x 

\2 

(Jjjj - i (i 

UliC x = r jjj t = Vx Jj-aj 

(Inx)2 _ (in?2) _ (21n?)" In? \
2 

?2 ?2 { t J 

v (lnx)2 r /ln^ lim   — = lim 4   
x—>+00 ?—H-00 I j 

luil 

\2 

In? 
= 0 dp) lim — = 0 

r^+oo f 

/(x) = x + —-(Inx) -2 = x 
x 

^ 1 (Inx)2 2^ 
1 + — 

X X X 
v y 

, , . 1 (Inx)" 
lim/(x) = +oo OJj lim —= 0j lim  

X—>+00 X—>+00 X—>+00 JQ 
■ 0 j lim — = 0 UjjI 

X—>+00 

•]0'+oo[ x f{-) = f{x) : ji ^ 
X 

luil ]0,+oo[ (jj X 

1 1 
= x+T" 

In - 
yy 

= —+x-(-lnx) -2 
x 

= —+x-(lnx)2 -2 
x 

= fix) 
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lim/(.x:) ui-iaJ - ^ 
x->0 

= lim/(0 = +00 Oli <la j? —>+00 Oli.x:—>0+ Ulic / = — ^Jaj t—>+oo 

X = 0 'UJJUW ^^ui)j Ujli4 J 

y = X '• (j& AjIjUj# ^ ill .ja'.,.. a\) jk AaIajI IC'jS JjL 

lim f (x) = lim/ (- 
r—^0 r—^0 I \r x-^0 I y 

xyO ^ ^ 

lim / [x) = lim 
X—>+oo ^-^-i-oc 

^ ill .ja-.,.. A\) jk ujljLill AAIAJI 'J lc.ja JJL 

A^JIA^ /JAU] J LjliLa JJ4J(C) ^ W irtll (jjj 

IC'jS Jj4j (C) (jl (jj^j —J 

^ 1 (In.x:)" 2^1 , . 
1 + — = I j lim/(.x:) = +00 UjJI 

X—>+00 

f'{x) = l—V-2 (In.*) (In.*)' 
.* 

= 1—T-2(ln.*)-- 
r r 

=—[ x-—-2\nx 
x I .* 

(C) JJl lim /(.*)-.*= lim — - (In .*)2 - 2 = -00 
X—>+00 X—>+00 

y = x : ^ 

]0,+oo[ (> .* f\x)=^- : ji LW (2 
r 

_^(-,c) 

^(-*)»ji^! <>/'(•*) 

f diljjij 

.* 0 1 +00 

/'(•*) - 0 + 

fix) 
+OO 

0 

w +00 

I I I I I I I I I I I I F^P 
1 -3 -2 10 

(3 
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]0,+oo[ ifl& g:.x—>ln.x AjLaI G:.xln.x-.x O&j - 1 ( 4 

Ujj2 

V.xe ]0,+oo[: G'(.x) = .x:'ln.x: + .x:(ln.x:)'-l 

= ln.x + .x- — -l 
.x 

= In .x: +1 -1 

= In.x: 
,g A^si Aib G AJlill jjj 

J" (lnx)2dx = e — 2 : (Jl £#1 t iLllo JLmIuiL -lj 

In.x: 
■(x) = 2 

jjj 

^ (in.x:) dx= .x:(ln.x:) ~ I ^ 

v(x) = x 

In.x: 

m(.x:) = (ln.x:) 

lV(x) = l 

jjj 

. v dx 

.v(In A') - 2^ In a dx 

a (in a)2 -2[x\nx-xJ{ 

= ^e(lne)" -l(lnl)" j- 2((elne-e)-(llnl-l)) 

= e-2 

x = e j a = 1 • LiaIIIjIju) (jjilll oj *.{*'"" ^ j jja-n j (C) j jluuili A^Luut — ^ 

AjjIL^II AaLuiaII jjj [l,f] JIa-aII Al*tila j Aj^j^ Aj|J f UjaI 

A = ^ f {x) dx = ^ ^a + — - (In a)2 - 2 

=rh!-^ 

dx 

dx -1 (In a)2 dx 

+ In a - 2 a -(e-2) 

f 2 
e 

v 
+ In e - 2e - — + In 1 - 2 

v 2 
-e+2 

—+ l-2e-- + 2-e+2 
2 2 

e2 „ 9 
 3e + — 
2 2 

e2 9 . 
A^Luudl u A = 3 e H— jjl 

2 2 
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